In this note we extend to the Banach algebra setting a theorem of Globevnik and Vidav [7] which states that the set of values of a normal-operator-valued function, defined and analytic on an open connected set in the complex plane, is commutative.
Suppose A is a complex unital Banach algebra with Hermitian elements H(A). Recall that an element u g A is said to be Hermitian if its numerical range *"XM) = {/("): /(I) = 1» 11/11 = l>/e ^*} nes on the real axis. An element w G A is said to be normal if w = u + iv, where u, v g H(A) and uv = vu. We let J(A) = H(A) + iH(A). Then J(A) is a Banach subspace of A (but not necessarily a subalgebra) which contains both the Hermitian and normal elements. The proof of the Theorem follows as in [7] except that the version of Fuglede's theorem due to Berkson, Dowson and Elliott [3] must be used.
Remark. In the theorem it is enough to assume that D is any open connected subset of the plane and F(z) is analytic on D and normal valued in a neighborhood of a point in D. By using the principle of analytic continuation exactly as in [7] , it can be shown that the normality and commutativity must hold throughout D.
Applications, (i) The Globevnik-Vidav theorem is a special case of the Theorem where A = B(H), the bounded operators on a Hubert space H.
(ii) The Theorem holds for A = B( X), where X is a Banach space. In this case, of course, the collection of normal operators may be rather limited. It is not always the case that <¡>(F(z)) normal implies that F(z) is of the form (1) or (2) . This question is one of whether the coset "lifts" to an operator of the form (1) or (2) . In the case where X = Lp or lp, 1 < p < oo, and K is the set of compact operators, the answer is known to be yes [1, 2] .
